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This paper studies five classic multi-target detection methods in different 
noisy environments, including Akaike information criterion, ration criterion, 
Rissanen's minimum description length, Gerschgorin disk estimator and 
Eigen-increment threshold methods. Theoretical and statistical analyses 
of these methods have been done through simulations and a real-world 
water tank experiment. It is known that these detection approaches suffer 
from array errors and environmental noises. A new diagonal correction 
algorithm has been proposed to address the issue of degraded detection 
performance in practical systems due to array errors and environmental 
noises. This algorithm not only improves the detection performance of these 
multi-target detection methods in low signal-to-noise ratios (SNR), but also 
enhances the robust property in high SNR scenarios.

1. Introduction
A sensor network is a set of geographically dispersed, interconnected sensors and can coopera-

tively handle highly complex tasks such as tracking a time varying number of targets (Casado-Vara  
et al., 2019; Li et al., 2019a; Li et al., 2019b). With the development of sensor networks, object detec-
tion technology can obtain more accurate data information, and obtains the target details through data 
analysis, processing or artificial intelligence (Hussain et al., 2022a) and other methods (Muhamada 
and Mohammed, 2022). Object detection technology has been widely used in military and civilian 
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fields, such as multi-target tracking and automatic driving (Qader Kheder and Aree Ali, 2023; Hussain 
et al., 2022b).

Decentralized signal and information processing over sensor network has played an important role 
in both academic study and many engineering problems, such as the multi-sensor target detection and 
tracking in clutter and noisy environments (Sayed, 2014; Meyer et al., 2018; Li et al., 2023b). Lying 
in the center of this research topic, the array signal processing has been rapidly developed in recent 
decades, which aims at obtaining some characteristics of the signal, such as direction of arrival (DOA), 
frequency, etc (Jiang and Zhou, 2023). DOA is closely related to the azimuth, angel and bearing mea-
surements. The super-resolution DOA estimation is an important research topic, involving communi-
cation, radar, sonar, seismic exploration and other fields (Yang and Han, 2013; Van Trees, 2002; Li et 
al., 2023c). Among many signal processing applications, the problem of signal source number estima-
tion (SSNE) plays a key role, since it is the prerequisite for the super-resolution DOA estimation. If the 
SSNE can not be accurately solved, the performance of the DOA estimation algorithm drops sharply, 
or even fails completely.

The study of SSNE in array signal processing can be dated back to 1950s and 1960s (Liu and Liao, 
2004), when it was originally addressed via hypothesis testing. Since the hypothesis testing method 
needs to manually determine a detection threshold for comparison with the likelihood ratio test sta-
tistic, it is easily affected by human subjective factors, which can cause significant estimation errors. 
In the past several decades, many approaches have been proposed based on statistical information, 
Bayesian criterion, or approximate maximum likelihood ratio, etc. Wax and Kailath (1985) first intro-
duced information theory criteria into array signal processing to solve the problem of SSNE. They 
gave the Akaike information criterion (AIC) (Akaike, 1974) and minimum description length (MDL) 
criterion (Wax and Ziskind, 1989; Karhunen et al., 1997) in the form of the eigenvalues of the array 
covariance matrix, which is user-friendly and overcomes the shortcomings of the hypothesis testing. 
However, the AIC does not have the feature of consistent estimation. Even in the case of high signal-
to-noise ratios (SNR) and large snapshots, it still has a large error probability. Although MDL belongs 
to consistent estimation, the performance loss is severe in a low SNR environment, and the problem of 
underestimation of the number of signals may occur (Wan et al., 2020). Following this thinking, many 
scholars proposed a variety of improved SSNE methods based on information theory criteria (Wei  
et al., 2015; De Ridder et al., 2005). Zhao et al. (1986; 1987) gave a method called the effective detec-
tion criterion (EDC), proved the strong consistency of the criterion, and pointed out that the MDL stan-
dard is a special case of the EDC rule. Wong and Reilly (1990) applied a new logarithmic likelihood 
function to the AIC criterion and the MDL criterion, leading to the revised AIC criterion and the MDL 
criterion, respectively. Fisher and Messer (1999; 2000) gave an MDL criterion based on order statistics 
(OSMDL), which has a better performance than the MDL criterion, but at the cost of a higher compu-
tational complexity. The well-known eigenvalue method proposed by Chen and Reilly can be viewed 
as a specific variant of the technique that uses the one-step prediction of the eigenvalues to get the 
SSNE (Chen et al., 1991), which predicts the upper limit of the noise characteristic value, and obtains 
the SSNE according to the comparison result of the estimated characteristic value and the predicted 
value. The ration criterion (RC) was proposed by Wang and Huang (1996), which avoids the drawback 
of high estimation of signal numbers in the traditional information criteria methods. Wax and Ziskind 
further proposed a detection algorithm based on the signal subspace and the noise subspace, called 
based on Rissanen's Minimum description length (MDLB) (Wax and Ziskind, 1989), which can solve 
the detection problem of related signals. Olivia, Hu et al. proposed an Eigen-increment threshold (EIT) 
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algorithm with promising applications by studying the potential characteristics of the array covariance 
matrix noise eigenvalue (Hu et al., 1999).

The above estimation methods are only applicable to the white noise environment. However, in 
actual engineering projects or various complex interference electromagnetic environments, it is dif-
ficult for the white noise model to meet various requirements. Often mixture models or heavy-tailed 
models are used for modeling complicated noises (Li et al., 2019c; Li et al., 2023a), which often poses 
a higher computation requirement. In order to solve this problem, the Gerschgorin disk theorem (GDE) 
was proposed by Wu et al. (1995), which does not need to accurately calculate the eigenvalues of the 
received data matrix. It is only necessary to use the GDE to estimate the position of each eigenvalue 
and finally obtain the number of signal sources. Although the GDE method can work well in the col-
ored noise environment and can more accurately detect source numbers, the threshold of the method 
requires a subjective adjustment factor. The inappropriate selection of the adjustment factor leads to 
large estimation errors.

In the real-world system, due to the influence of the array error and environmental non-white noise, 
the detection performance of the above mentioned algorithms is significantly reduced. To solve this 
problem, this paper proposes a diagonal correction algorithm to improve the detection performance 
and robustness of the multi-target detection algorithm.

The structure of this paper is organized as follows. Section 2 introduces the basic theory of array 
signal processing, that is, the mathematical model of the DOA estimation. Section 3 introduces the tradi-
tional signal source number estimation algorithms. Section 4 proposes our diagonal correction method. 
The experimental results are presented in Section 5. Concluding observations are given in Section 6.

2. Mathematical Model
Denoting the number of array elements by M and the number of signal sources by q, the array 

receiving vector can be expressed as:

x(t)= a(θi )
i=1

q

∑ si (t)+ n(t),  (1)

= A(θ ) s (t) + n (t),

where A = [a (θ
1
), … , a (θ

q
)] is the M × q -dimensional orientation matrix, a (θ

i
) is an M × 1-dimen-

sional steering vector determined by the array structure and the unknown parameters of the i-th signal, 
sT(t) = [s

1
(t), … , s

q
(t)] is a q × 1-dimensional signal vector, and n (·) is an M × 1-dimensional noise 

complex vector.
In this paper, we assume q < M, and s

1
(·), … , s

q
(·) is a complex Gaussian random process with zero 

mean and positive definite covariance matrix. 
The Gaussian white noise and colored noise models are used (Akaike, 1974). The noise vector n(·) 

is a complex Gaussian random vector with zero mean and a covariance matrix of σ2I, where σ2 is an 
unknown scalar, I is an identity matrix, and the noise is independent of the signal.

In general, colored noise is obtained by the Gaussian white noise filtering, whose vector is as fol-
lows:

https://adcaij.usal.es


4

Yuhong Yin, Qian Jia, Huiqi Xu and Guanglei Fu

Performance Research on Multi-Target Detection in 
Different Noisy Environments

ADCAIJ: Advances in Distributed Computing  
and Artificial Intelligence Journal  

Regular Issue, Vol. 13 (2024), e31710 
eISSN: 2255-2863 - https://adcaij.usal.es

Ediciones Universidad de Salamanca - cc by-nc-nd

η(t)=−
1

λ
η(t)+

1

λ
ξ(t),  (2)

where ξ(t) is white Gaussian noise, and λ is the correlation time. The spatial color noise intensity is 
2D, and the color noise autocorrelation function is:

E η(t)η(t+ τ)[ ]=
D

λ
e
−
τ
λ .  (3)

The expression of the elements of the noise covariance matrix in the colored noise model (Stoica 
and Cedervall, 1997) is given by as follows:

nik = σn
2ρ i−k e j i−k( )π/2 , i,k =1,2,!,M ,  (4)

where σ2
n
 is the power of colored noise, ρ is the correlation coefficient of adjacent array elements 

receiving noise, ρ = 0 means that the received noise is Gaussian white noise.

3. Signal Source Number Estimation Algorithms
According to the white noise background, the covariance matrix of the array received signal can 

be obtained from Eq. 1.

R = A(θ) SA(θ)H + σ2 I, (5)

where S = E [s(·)s(·)H] is the source covariance matrix, and E represents the mathematical expec-
tation.

Assume that the array direction matrix A has full column rank, that is, the column vector of A(θ
i
)

(i = 1, … , q) is linearly independent. The source covariance matrix S is non-singular, then the rank of 
the matrix A(θ) SA(θ)* is q, and the M − q small eigenvalues of A(θ) SA(θ)H are zero. Without loss of 
generality, we assume λ

1
 ≥ λ

2
 ≥ ... λ

M
 which are the eigenvalues of the array covariance matrix R, and 

the M − q smallest eigenvalues of R are equal to σ2, namely:

λi = σ2, i = q + 1, q+2, ..., M. (6)

Therefore, the number q of signal sources can be determined by the number of small eigenvalues 
of the array covariance matrix R. But in practice, the array covariance matrix R cannot be obtained 
accurately, and can only be estimated by using a limited number of the array snapshot data. The eigen-
values of the array covariance matrix estimated from finite snapshot data no longer have the property 
described by Eq. 6, that is, the small eigenvalues (noise eigenvalues) are no longer equal, but have a 
relationship with probability 1.

λ
q+1

 ≥ λ
q+2

 ... ≥ λ
M
 ≥ σ2. (7)

Therefore, under the condition that only limited snapshot data is available, the number of signal 
sources cannot be determined according to the number of small eigenvalues of the array covariance 
matrix.
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3.1. Akaike Information Criterion
Both the AIC (Akaike, 1974) and the MDL criterion (Wax and Ziskind, 1989) are the method for 

solving the model selection problem. The problem solved by the criterion of information theory is 
given by a set of observed data X = [x(1), … , x(N)] and a series of parameterized probability models 
f (x|Θ), where Θ represents the parameter vector of the probability model, through selecting the model 
that best fits the observed data.

The model proposed by Akaike aims to minimize the AIC. The definition of this information-theo-
retic criterion is expressed by the following equation:

AIC=−logf Θ̂( )+2k,  (8)

where −logf Θ̂( )  represents the maximum log-likelihood function term, and 2k represents the 
penalty function term.

The estimation of the number of signal sources can be achieved using information theory criteria, and 
the AIC criterion for the estimated number of signal sources can be obtained through calculation as follows:

AIC(k)=−2log

λi
1/(M−k )

i=k+1

M

∏
1

M−k
λi

i=k+1

M

∑

⎛

⎝

⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜

⎞

⎠

⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟

N (M−k )

+2k(M−k).  (9)

The first term in the above formula is the log-likelihood function term of the maximum likelihood 
estimation of the model parameters, and the second term is the penalty function term. The k that mini-
mizes Eq. (9) is the number of signals that have been detected by the AIC criterion.

3.2. The Ration Criterion
The introduction of information criteria is aimed for solving the problem of order determination 

in the autoregressive model (AR). Due to the existence of noises, theoretically, the higher the order of 
the AR model, the higher the approximation accuracy of the actual signal. Therefore, the order of the 
model is easily overestimated by the information criterion. The same issue of overestimation can arise 
when using information criteria to determine the number of signals, which can result in estimation bias.

Based on the information criterion such as the AIC and the MDL, the RC can efficiently suppress 
over-estimation. An AIC-based ration criterion is proposed as follows:

RCAIC (k)=
AIC(k)

AIC(k−1)
.  (10)

The k that minimizes Eq. (10) is the number of signals that have been detected by the AIC. The RC 
criterion can suppress the over-estimation of the information criterion for the number of signals and 
obtain a better estimation effect.

3.3. Based on Rissanen's Minimum Description Length
The vector received by the array x(t) can be decomposed into the signal subspace and the noise 

subspace, which is expressed as follows:

https://adcaij.usal.es
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x(t)=G(θ k( ))
xs t( )

xN t( )

⎡

⎣

⎢
⎢
⎢

⎤

⎦

⎥
⎥
⎥
,  (11)

where x
S
(t) denotes the k ×1 component in the signal subspace, x

N
(t) denotes the (q −k) ×1 compo-

nent in the noise subspace, and G(θ(k)) denotes a unitary coordinate transformation matrix, determined 
so as to satisfy the relations:

P
A θ k( )( )x t( )=G θ k( )( ) xs t( )

0

⎡

⎣

⎢
⎢
⎢

⎤

⎦

⎥
⎥
⎥
 (12)

and

P
A θ k( )( )
⊥ x t( )=G θ k( )( ) 0

xN t( )

⎡

⎣

⎢
⎢
⎢

⎤

⎦

⎥
⎥
⎥
,  (13)

Here PA θ k( )( )  and PA θ k( )( )
⊥

 denote the projection matrices on the signal and noise subspaces, respec-
tively,

P
A
(θ (k) ) = A(θ (k) ) (A(θ (k) )H  A(θ (k) ))-1 A(θ (k) )H. (14)

P
A
(θ (k) )⊥ = I − P

A 
(θ (k) ). (15)

By using the MDL criterion and the encoding of the data sequence by the signal subspace model, 
we can get the code size of the noise subspace and the signal subspace. By combining the invariance 
and certainty criteria of matrix trace, the expression of signal azimuth estimation can be obtained as 
follows:

θ̂ k( )=
argmin log

θk

1
M−k

li θ
k( )( )

i=1

M−k

∑

li θ
k( )( )1/ M−k( )

i=1

M−k

∏

⎛

⎝

⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜

⎞

⎠

⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟

,  (16)

where l
i
(θ(k)) ≥ ... ≥ l

(p-k)
 (θ(k)) denote the nonzero eigenvalue of the p × p matrix P⊥

A(θ)
RP⊥

A(θ)
. More 

details of reasoning can be found in reference (Wax and Ziskind, 1989).
Eq.(16) involves a multi-dimensional search over the azimuth angles of the signal sources, and at 

each iteration of the search, the matrix eigen decomposition needs to be carried out to estimate the 
signal subspace. This can be computationally intensive, especially when the number of signal sources 
or the dimensionality of the search space is high. This paper employs a relatively simple and effective 
alternating projection algorithm which can save computation (Strang, 2006). Substituting the esti-
mated azimuth angle into Eq. (16), according to the MDLB criterion, we have

MDLB k( )= N M−k( )log

1
M−k

li θ
k( )( )

i=1

M−k

∑

li θ
k( )( )1/ M−k( )

i=1

M−k

∏

⎛

⎝

⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜

⎞

⎠

⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟

+
1

2
k 2M−k+1( )logN .  (17)
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The k that minimizes Eq. (17) is the number of signals that have been detected by the proposed 
MDLB. This method can estimate the azimuth angle of the signal while detecting the number of 
targets.

3.4. Eigen-Increment Threshold
The eigenvalues of the array covariance matrix R are described in the Eq. (7) and define λ

i
 − λ

i+1
 

(i =1, 2, ...M) as the eigenvalue increments. The q signal eigenvalues are randomly added to the noise 
eigenvalues, thus destroying the linear relationship of the noise eigenvalues. This leads to an increase 
in the feature increment at the boundary of the two subspaces (signal and noise subspaces), and a 
threshold can be set to detect this increase. A single eigenvalue increment detection algorithm is pro-
posed as follows:

λi−λi+1< η M ,N( )
Ps

1+ Ps / λM
2 , i=M−1,M−2,...1,  (18)

where Ps =
λ1−λM
M

 is the signal power, η(M,N) is a coefficient function and the following condi-

tions are satisfied:

• When N → ∞, η(M,N) = 1.

• When N decreases, η(M,N) increases.

• When M increases, η(M,N) decreases.

Where i is the number of detected signals when Eq. (18) is not satisfied.
Since the information of the noise eigenvalues is directly introduced into this theory, this criterion 

greatly reduces the influence of errors and has a small bias performance. When this estimation is used 
in subspace-based signal processing, the computational complexity can be ignored, which makes it 
earn good engineering application prospects.

3.5. Gerschgorin Disk Theorem
The GDE criterion first transforms the covariance matrix into a partitioned matrix (Li et al., 2021), 

as follows:

R=
R ' r '

r 'H r 'MM

⎡

⎣

⎢
⎢
⎢

⎤

⎦

⎥
⎥
⎥
,  (19)

where R' is the sub-matrix of R after removing the last row and the last column, using its eigens-
pace (eigenmatrix U, satisfying UUH = 1 and R′ = UΣU) to construct a unitary matrix T:

T =
U 0

0H 1

⎡

⎣

⎢
⎢
⎢

⎤

⎦

⎥
⎥
⎥
.  (20)

Performing a unitary transformation of the covariance matrix:
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RT =T
H RT =

λ1 0 ! 0 ρ1
0 λ 2 ! 0 ρ 2
! ! " ! !

0 0 ! λM−1 pM−1

ρ 1
∗ ρ 1

∗
! ρ 1

∗ r 'MM

⎡

⎣

⎢
⎢
⎢
⎢
⎢
⎢
⎢
⎢
⎢
⎢

⎤

⎦

⎥
⎥
⎥
⎥
⎥
⎥
⎥
⎥
⎥
⎥

 (21)

where λi is the center of Gerschgorin disk, and the first M −1 erschgorin radius of the matrix R
T
 is:

ri = ρ i = ei
HAM−1RsbM

∗ ≤ k ei
H AM−1 ,  (22)

where, A
M−1

 is the array manifold, R
S
 is the source matrix, and b

M
 is the steering vector. Obviously, 

k = |R
S
b*

M
| has no relation with i, so the Gerschgorin radius is only affected by |eH

i
 A

M−1
|. Due to the 

orthogonality between the noise vector and the steering vector, when e
i
 corresponds to the noise vector, 

the Gerschgorin radius is small, in other cases, the radius is larger.
Through the above transformation, the Gerschgorin circles of the array covariance matrix can be 

divided into two distinct groups. The criterion for estimating the number of signals using the radius of 
the Gerschgorin circle is:

GDE k( )= rk −
D N( )

M−1
ri

i=1

M−1

∑ , i=1,2,…M−1,  (23)

where N is the number of snapshots, and D(N) is the decreasing function between 0 and 1 with 
respect to N, assuming the first negative value of GDE(k) is GDE(k̂), then the SSNE is q̂ = k̂ −1.

It can be seen from the expression of the Gerschgorin disk criterion that the criterion value GDE(k) 
is the difference between the radius k of the k-th Gerschgorin disk and a certain threshold value. The 
threshold value is the average of all M − 1 Gerschgorin disk radii multiplied by an adjustment factor 
D(N). Specifically, it involves comparing the radius of the Gerschgorin disks associated with the trans-
formed covariance matrix to a predefined threshold value. Based on the outcome of this comparison, 
the criterion enables the determination of the number of signal sources present in the system.

4. Proposed Algorithm: Diagonal Correction

4.1. SSNE Utilizing Diagonal Loading
Due to the influence of array errors and non-white noise in the environment, the detection per-

formance of the aforementioned array signal processing algorithms may significantly degrade. To 
improve the performance of the algorithm in this situation, we propose a computationally efficient 
solution, referred to as the diagonal correction.

At the core of our approach, the diagonal correction algorithm aims to compensate for errors that 
may arise in the array autocorrelation matrix, which can adversely affect signal detection. By adding 
a correction term to the diagonal elements of the matrix, the algorithm seeks to improve the accuracy 
and robustness of signal detection in the presence of such errors. This correction term is equivalent 
to adding strict spatial white noise to the array input signal, which can reduce the influence of array 
errors on the signal detection performance. The selection of the correction term needs to balance the 
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detection performance under the low and high SNR, and should not be too large to avoid affecting the 
performance under low SNR, or too small to fail to achieve the effect of shielding array errors. The 
diagonal correction is defined as follows:

R' = R + βI (24)

where R′ represents the matrix resulting from the addition of a correction term to the diagonal 
of R, while β denotes the correction applied by the algorithm. Importantly, it is worth noting that the 
adjustment of β does not alter the eigenvectors of the matrix, but rather influences its eigenvalues. Spe-
cifically, μ

i
 and λi represent the eigenvalues of R′ and R, respectively, and the appropriate selection of 

β can greatly impact the relative magnitudes of these eigenvalues, thereby affecting the performance of 
the algorithm in detecting signals amidst background noise.

μ
i
 = λ

i
 + β.         i=1, …, M. (25)

In practice, the correction factor β is typically used to adjust the magnitude of the correction term, 
thereby achieving a balance between detection performance under low and high SNR conditions. 
However, it is important to note that the optimal size of the correction term may vary depending on 
the specific application and the characteristics of the input data. Therefore, it is necessary to carefully 
calibrate and optimize the correction term to achieve the best possible detection performance in a given 
scenario.

The advantages of the diagonal correction algorithm are its simplicity, ease of implementation, and 
effectiveness in mitigating the impact of array errors on the signal detection performance. Moreover, 
this algorithm does not require any assumption on the distribution of signal and noise, and can be 
applied to any signal and noise distribution.

4.2. Calculating the Loading Factor
The primary concept behind applying the diagonal loading technique to the array covariance matrix 

is to introduce a fixed correction term to the diagonal elements of the matrix. This correction term 
reduces the impact of colored noise on the eigenvalues, much like white noise at a fixed power level. 
Divergence problems can be reduced and algorithm performance improved by changing the diagonal 
loading's magnitude. There are a few important factors to consider while figuring out the ideal loading 
factor. The algorithm's performance in low SNR circumstances may suffer if the loading factor is set 
very high. On the other hand, if the loading factor is set too low, the eigenvalues may not be smoothed 
down as planned.

Therefore, choosing the right loading factor can be difficult. It is a challenging task to determine 
the loading factor's mathematically ideal value. As a result, this part uses the analysis that follows to 
suggest an acceptable loading factor value.

If there is only one signal source in the space and the spatial noise is Gaussian colored noise, the M 
eigenvalues of the covariance matrix R of the observed data sample will ideally satisfy the following 
relationship, λ1 > λ2 > . . . λM, where λi represents the eigenvalue. In this scenario, a power parameter 
β is introduced to the sensor array, representing the white noise component. It is important to note that 
β ≪ λ1. On the other hand, to effectively mitigate the divergence of eigenvalues induced by colored 
noise, it is necessary to ensure that β > λM. When the signal-to-noise ratio SNR is very large, the empir-
ical formula is as follows:
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β= λi
i=1

M

∑ .  (26)

The condition is satisfied when λ
M
 ≪ β ≪ λi. The enhanced algorithm provides consistent estima-

tions and exhibits superior performance in both low and high SNR scenarios.

5. Numerical Experiments

5.1. Simulation Results and Analysis
In this section, simulation is used to verify the effectiveness of the proposed method and compare 

its performance with that of existing algorithms. In our simulations, assume that the uniform line 
antenna array contains 14 elements with an array spacing of half a wavelength and the noise is Gauss-
ian white noise. There are two and three independent signals with equal power in space, and the initial 
phase is zero. A beam width (BW) is approximately 7.2°, the signal azimuth interval is 1/2BW, the 
number of snapshots is N= 500, and the change of SNR ranges from -20dB to 30dB. 100 Monte Carlo 
experiments are performed at each SNR to calculate the detection performance.

We discuss the impact of different SNR on the estimation performance of each algorithm. The 
simulation curves in white noise background are shown in Figure 1 and Figure 2 for the scenarios 
of two and three targets, respectively. Upon analyzing Figures 1-2, it becomes apparent that when 
dealing with a white noise model and a limited sample size, all five methods demonstrate effective 
estimation of the number of sources. Among these methods, the RC algorithm exhibits superior perfor-
mance, followed by EIT (ƞ=2.5) and GDE (D(N)=1). In contrast, AIC scores the worst when measured 
against EIT and MDLB. All five techniques exhibit improved estimating performance as the SNR of 
the Gaussian white noise increases. Nevertheless, these approaches' estimating performance tends to 
deteriorate with increasing source count.

Figure 1: Statistical performance with two targets.
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Figure 2: Statistical performance with three targets.

As shown in Figures 3-4, the detection probability of different approaches varies with the SNR 
when Gaussian colored noise is present in the channel. Here, the noise correlation coefficient, denoted 
as ρ, takes values of 0.3 and 0.7, respectively. It can be observed that the detection performance of 
the aforementioned algorithms diminishes in the presence of colored noise. Specifically, the detection 
performance of the algorithms degrades under low SNR situations as the noise correlation coefficient 
ρ grows. However, across a range of correlation values, the RC and EIT algorithms provide compara-
tively strong detection performance. In Figure 3, when the SNR is greater than -2dB, the RC and EIT 
algorithms achieve estimation accuracies of 1. On the other hand, the AIC algorithm demonstrates 
poor detection capability, requiring an SNR greater than 27dB to achieve a detection probability of 1.

Figure 3: Statistical performance at ρ=0.3.
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Figure 4: Statistical performance at ρ=0.7.

5.2. Underwater Experiment Verification and Algorithm Modification
To investigate the performance of the above algorithms in the real-world system, we have carried 

out the corresponding multi-target detection underwater experiment. The receiving array consists of 
a 14-element uniform linear array, and the transmitted signal is a continuous sinusoidal wave. Due to 
the limitations of the experimental condition, the noise received in the experiment is isotropic white 
Gaussian noise and colored noise generated by computer simulation.

(1) Analysis of spatial white Gaussian noise
To perform a statistical study on the technique outlined above, we used anechoic pool test data 

from two targets with actual azimuth angles of [-6.36°, -2.84°] (azimuth interval of 0.48BW). The find-
ings, which are shown in Figure 5, show that under high SNR circumstances, detection performance 
decreases for both the AIC and the MDLB criteria. After careful investigation, we have concluded that 
this phenomenon is not caused by array element correlation. Additional examination has demonstrated 
that array mistakes are to blame for the performance decline. In particular, the noise subspace's eigen-
values show notable divergence at high SNR levels. Consequently, the ratio of eigenvalues between 
the signal subspace and the larger eigenvalues of the noise subspace is relatively small compared to 
the ratio between the larger and smaller eigenvalues of the noise subspace. This discrepancy leads to 
overestimation in certain algorithms, resulting in a decline in detection performance.

We include the diagonal loading adjustment as suggested in Section 4 to improve the accuracy of the 
previously mentioned algorithm in determining the number of signal sources. This correction enables 
us to account for the algorithm's detection performance under varying SNR. The amount of correction 
can be efficiently adjusted to accommodate both high and low SNR by varying the parameter β.

From Figure 6 to Figure 10, it is apparent that the correction factor β has a significant impact 
on the performance of the diagonal loading correction algorithm. When β is excessively large, as 
depicted in Figure 6, the algorithm's detection performance deteriorates under low SNR conditions. 
Conversely, if β is too small, as illustrated in Figure 10, the diagonal loading correction algorithm fails 
to mitigate array errors effectively. By analyzing the statistical results, it can be concluded that β=0.02 

https://adcaij.usal.es
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Figure 5: Statistical performance before correction.

Figure 6: Statistical performance of β=0.1.

yields relatively better detection performance under low SNR conditions while significantly improving 
robustness under high SNR situations. Thus, it is recommended to set the correction factor β within the 
range of 0.005 to 0.02 based on the analysis of different correction quantities.

(2) Analysis of spatial non-white noise
By selecting a suitable correction factor, the diagonal loading correction algorithm exhibits good 

performance in white noise background. A large number of statistical simulation results have shown 
that this correction algorithm also performs well in correcting colored white noise background.
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Figure 7: Statistical performance of β=0.05.

Figure 8: Statistical performance of β=0.02.
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Figure 9: Statistical performance of β=0.005.

Figure 10: Statistical performance of β=0.003.
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Under the background of colored white noise, the above algorithm was corrected with diagonal 
loading using the experimental data. The statistical performance of the algorithm was analyzed with 
noise correlation coefficients of ρ=0.3 and 0.7, as shown in Figure 11 and Figure 12, respectively, with 
the correction factor β set to 0.02.

Compared with the simulation results in Figure 3 and Figure 4, the modified results in Figure 11 
and Figure 12 show that the performance of the above algorithm has been improved after diagonal 
loading correction, and its detection performance is basically close to the result of the computer simu-
lation. Thus, the effectiveness of the diagonal loading correction algorithm can be verified.

Figure 11: The performance of ρ=0.3 after revision.

Figure 12: The performance of ρ=0.7 after revision.
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6. Conclusion
The diagonal correction algorithm is proposed to address the problem of the performance degrada-

tion in multi-target detection algorithms caused by the array error and environmental noise. Through 
the statistical performance analysis and the water tank test data validation under different corrections 
and different noisy environments, the results show that the diagonal correction algorithm improves the 
detection performance under the low SNR, improves the robustness under the high SNR, and provides 
an effective means of applying multi-target detection in engineering.

Future research can further explore and optimize the diagonal correction algorithm to meet the 
multi-target detection requirements in different scenarios. Additionally, a better understanding and 
processing of the array error and environmental noise can further enhance the performance and practi-
cality of multi-target detection algorithms.
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